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[a] The higher infinite refers to the lofty reaches of the infinite cardinalities of set theory as
charted out by large cardinal hypotheses. These hypotheses posit cardinals that prescribe
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their own transcendence over smaller cardinals and provide a superstructure for the analysis
of strong propositions. As such they are the rightful heirs to the two main legacies of Georg
Cantor, founder of set theory: the extension of number into the infinite and the investigation
of definable sets of reals.
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[b] For the defiition of the set-theoretic notions involved, see [11] or [12] ([DOO]: [11], [12] O

0ooooooooooo [7] 0 [THI). — J. Bagaria and M. Magidor 2]
[c] ... This will allow us to use representation results about the codomain of such embeddings;
a good reference for these is [10] ([0 O DO]: [10] O [THI] O0OO). — A. Brooke-Taylor [3]
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[d] -+ a major incentive for the subject has been to investigate the extent of the regularity
properties, properties indicative of well-behaved sets of reals of which Lebesgue measurability,
the Baire property, and the perfect set property are the prominent examples.
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[e] Solovay’s paper [71] was particularly influential, for in establishing 16.1 not only did it
broaden the study of large cardinal properties from ultrafilters to ideals, but it also described
how forcing and ultrapowers can be combined in a useful technique now known as generic
ultrapowers. Owing to various developments in the 1970’s generic ultrapowers was to emerge
as a standard technique of wide applicability, and it is taken up against a broader backdrop
in volume II.
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[f] What played a key role in this area and soon became a staple feature of large cardinal theory
is the concept of saturated ideal, formulated and studied by Tarski [45].
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